We point out that as a consequence of our work the condition (1.7) in the paper by Foguel [7] follows from (1.6) when the space is locally compact and Hausdorff. Further the regularity of the above measure yields the more specific vector-valued measure representation of A, μ(E) = λ( ,£ r ) in the sense of [5, Th. 2, p. 492] . DEFINITION AND NOTATION. If X is a locally compact Hausdorff space we denote by C(X), C Q (X) and C C (X) + the collection of all bounded continuous complex-valued functions on X, those vanishing at infinity, and those nonnegative functions of compact support, respectively. The σ-algebra of Borel sets is the σ-algebra generated by the open subsets of X. We denote by M(X) the space of bounded regular Borel measures on X with variation norm and by B(X) the space of bounded Borel measurable functions on X. Let M(X) + denote the nonnegative measures in M(X). We give B(X), C 0 (X) and C(X) the supremum norm topology and ||/|| = &vp{\f(x)\:xeX}.
We wish to consider two further topologies on the space C(X). We denote by C(X)β the space C(X) with the locally convex topology defined by the collection of seminorms P φ (f) = || φf\\, ψe C Q (X). Buck [1] has shown that C(X) β has adjoint or dual space M(X). We denote by C(X)β, the space C(X) with the locally convex topology whose base of neighborhoods at the origin consists of all convex, balanced, In a recently submitted paper Dorroh [4] introduces this topology and shows that C(X) β , has dual M(X) and that β = β' for X a paracompact space. Further results on C(X) β and C(X) β , have been recently obtained by Collins and Dorroh in [2] . A set HczM(X) is /2-equicontinuous (/S'-equicontinuous) if there is a β(β') neighborhood of 0, W, such that If fdμ ^ 1 for all fe W and μ e H. The /3-equicon-I Jx tinuous sets of M(X) have been characterized by Conway [3] who has shown that H is /3-equicontinuous if and only if H is uniformly bounded and for each ε > 0 there is a compact set KaX such that the variation of μ on X -K is less than ε for all μ e H. Since β' is a finer topology than β any /3-equicontinuous set is /S'-equicontinuous and these are the same when X is paracompact.
Suppose S and T are locally compact and Hausdorff. Let A denote the collection of open sets in S and σ(Δ) the collection of Borel sets. We consider complex-valued functions X defined on T x σ(Δ) such that X(x) = X(x, •) 6 M(S). For brevity we will denote this by λ: Γ-> Λf(S). We denote the norm of the measure λ(a ) by ||λ(.τ)|| and set ||λ|| = sup {|| \(x) |!:XGT}. If fe B(S) we write λ(/) for the function defined
We let |λ|(x, £7) be the variation of the measure X(x, •) on the set E. We will say that the kernel λ satisfies condition E(E') if {X(x):xeK} is /3-equicontinuous (/9'-continuous) for each compact set
KaT. Finally we take our topology from [8] and topological vector space terminology from [9] . We make use of the Riesz Representation theorem throughout and in particular its corollary: 
, takes M(T) into M(S) and is given by (A*μ)(E) = \ \(x, E)μ(dx). (3) Under the natural imbeddings of B{S) and B{T) into and M(T)* respectively we have for feB(S) χ(f) = A**f where A** is the adjoint of A* restricted to M(T) Hence A**(B{S))aB(T) and A** defines a continuous extension of A to B(S) into B(T).

THEOREM 4. Let \:T-+M(S). If \(f)eC(T) for all feC c (S) and λ satisfies condition E' then λ(/) is a continuous function on T for feC(S).
Conversely, if S is paracompact and λ(/) is continuous for feC(S) then λ satisfies condition E. THEOREM 
Let λ: T~-+ M(S) and A the linear operator on C(S) defined by Af = λ(/). Then A is a continuous operator from C(S)β> into C{T) βf orC(T) β ifandonlyif\\X\\< oo, λ(/) eC(T) for feC c (S) and λ satisfies condition E
r .
COROLLARY 1. Let A:C 0 (S)-> Y where Y is as in Theorem 3. Then A^ is α continuous operator from C(S)β, into C(T) βf if and only if the kernel λ satisfies condition E'. Moreover A** is the only extension of A to C(S) given by a kernel and consequently is the only β or β' continuous extension of A to C(S).
Proof of Theorem 1. Let U be an open subset of S and let χ denote its characteristic function. Since X(x) is regular it follows that (1) is proven.
We now prove (2) . If U is an open set then as a consequence of the Riesz Representation Theorem we have |λ|(s, U) = sup{|λ(/)(aO|:/eC β (S), ||/|| -1 and support (/) c U)
for each xeT.
This means that |λ|( , U) is lower semi-continuous and as in the proof of (1) that |λ|( ,J£) is measurable for each Borel set E. We can suppose for the remainder of the proof that X(x) is a real signed measure for each xe T and we then have [5, p. 123 ] that
or all xe T. We show that λ + , λ" satisfy condition (1) . Condition (3) easily follows for we can approximate λ(/) uniformly by means of measurable functions of the form Σ?=i#*M'>-E*)-REMARK 1. T need not be Hausdorff or locally compact in Theorem 1.
Proof of Theorem 2. It is well known that μ(E) = I X(x, E)v(dx)
r r )τ defines a measure on S such that I fdμ -\ X(f)dv for feB(S).
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Hence we will only show that μ is regular. We can assume that v is real and ||u|| = 1. Further we can suppose that X(x) e M(S) + for each xeT.
For we can first assume that X(x) is a real signed measure, and writing X(x) = X(x) + -X(x)~, the proof of Theorem 1 shows that for feC c (S) + ,X + (f) and λ~(/) are lower semi-continuous. Hence we have the condition (1) of Theorem 1 and additionally, ||λ|| = sup{||λ(#) ||: xe S} < oo. Since g eY then g(x) -e/2 < X(x, U) and hence there is a function /el such that g(x) -e/2 < X(f)(x).
Since λ(/) is lower semicontinuous there is a neighborhood V of x such that for te V one has g(x) -e/2 < λ(/)(ί). But also there is a neighborhood V of a? such that if teV
Hence there is a neighborhood W oΐ x such that for t e W, g(t) -ε < X(f)(t).
We extract a finite cover of sets W of K with associated functions feX.
If we let fe be the pointwise maximum of the corresponding functions / then he X and for teK we have g(t) -ε Hence 1 gdv -e < \ X(h)dv and the proof is complete. LEMMA 
\ \(x, U)v(dx) ^ sup It gdv .ge Y\.
}τ IJT )
Proof. Let ε > 0 and n be an integer such that ne > 11 λ 11 ( w -l)ε. Then set E k = {xe T: kε < \(χ, U) ^ (fe + l)e} for fe = 0,1, , n -1.
Then {E k } is a partition of T by Borel sets and
JT k=0
Let U k = {x: λ(a;, C/) > feε}.
Then U k is an open set and E k = U k -U k+1 . Since v is regular then for each fe there is a compact set K k c ^ such that v(E k -iΓfc) < ε/n 2 . We can then find for each fe an open set V k with compact closure contained in U k and containing K k . Further there exist functions f k e C C (T) + for fe = 0, , n -1 such that / fc (a;) = feε for x e K k , f k (x) = 0 for x e T -V k and 0 ^ f k (x) ^ feε for all xeT.
Therefore f k (x) f eε < X(x, U) for x e U k and hence f k e Y. We let
It follows that /e F and where χ k denotes the characteristic function of the set E k . We then have 
This means the collection Σ of all Borel sets E for which ω(E) = μ(E)
contains all open sets and it follows from [6, p. 2] as in the proof of (1) Theorem 1 that Σ is the class of all Borel sets. Hence μ is the regular measure ω.
It is easily seen that \u\(E) ^ \ \X\(x,E)\v\ (dx)
JT and the proof is complete.
Proof of Theorem 3. From [1] , [4] and the Riesz Representation Theorem, X* = M(S) and 7*DI(Γ), From [9, pp. 38-39] 
A*(M(T))
DM (S) and the formula X(x) = A*x, where (3) of Theorem 1 since ||λ|| = sup {| I Af 11: 11 /11 ^ 1, / e C 0 (S)} < oo because the norm, β and β' bounded sets are the same (see [1] and [4] ) and from [9, p. 45 
This holds for all ueM(T) and consequently A**f=\(f).
Hence A**(B(S)) czB(T) and ||A**|| -||λ||. REMARK 
If for each te[O, oo], T(t) is a continuous operator from Xto Xand T(t + u) = T(t)T(u) then Γ(t + u)** = T(ί)**Γ(u)**. If we then write [T(£)/](α?) = \ f(y)\(x,dy),
then by the above theorem X t (f) = Γ(ί)**/ for feB (S) .
If χ is the characteristic function of the Borel set E we have
Wχ) = MK(
or the Chapmann-Kolmogorov equation λ ί+u (a;, S) = I X u (y, E)X t (x, dy).
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Consequently a transition function X t (x, .) can be obtained fora semi- Conversely if λ(/)eC(T) for feC(S) then for any compact set Kcz T {X(x): xeK} is weak-* compact as as ubset of the dual of C(S)β and, as Conway [3] has shown, must be /3-equicontinuous. We then choose a /3 neighborhood U such that W =) B r Π Z7 completing the proof.
The proof of Corollary 1 is almost immediate. As a consequence of Theorem 3 and Theorem 5 continuity from C(S) S , to C(T) β , is equivalent to condition E'. If A' is an extension of A to C(S) into C(T) given by a kernel μ then μ -λ on C 0 (S) and consequently μ = X on C(S) and A = A'. Since by Theorem 3 any β or β' continuous extension is given by a kernel this shows that A** is unique.
It should be noted that if S is paracompact and A is any operator on C(S) into C(T) given by a bounded kernel λ then by Theorems 4 and 5, A is continuous from C(S) β to C(T) β ,.
We conclude with a brief remark on operators from M(T) into Λf(S). Suppose B is such a linear operator and 5* its adjoint on B(S). 
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If λ satisfies condition E r then by Theorem 5 B is the adjoint of the continuous operator JB* from C(S)β, to C(T) β ,. Thus f> is completely determined by its action on the point measures {x: x e T}. REMARK 5 (added January 13, 1967) . One can amplify Remark 4 by observing that if, moreover, λ satisfies E then Theorem 5 remains true with β r replaced by β. For then A is continuous from C(S) β , to C(T) β and using condition E, [3] , part (2) of Theorem 3 and [9, p. 39] it follows that A* takes /9-equicontinuous sets of M(T) into β-equicontinuous sets of M(S) making A continuous on C(S) β into C(T) β . 
